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Created by the human mind to count the objects in various assemblages,
numbers have no reference to the individual characteristics of the objects
counted. The number five is an abstraction from all actual collections
containing five things; it does not depend on any specific qualities of these
things or on the symbols used. Only at a rather advanced stage of
intellectual development does the abstract character of idea of number
become clearer. To children, numbers always remain connected with
tangible objects such as fingers or beads, and primitive languages display
a concrete number sense by providing different sets of number words for
different types of objects. Fortunately, the mathematicians need not be
concerned with the philosophical nature of the transition from collections of
concrete objects to the abstract concept. We shall therefore accept the
natural numbers as given, together with the two fundamental operations,
addition and multiplication, by which they may be combined.
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